VOL. 37 [27] [28] ON QUADRATIC FUNCTIONALS PETER SEMRL In this note a general solution of the problem of the characterisation of quadratic functionals posed by Vukman is given. REMARK: A functional Q: X > A which satisfies (i) and (ii) is called an biquadratic functional and a mapping B : X x X > A for which conditions (1) and (2) PROOF: AS in the proof of Kurepa's result (see [3] , [5] and also [6] ) one can prove that the function W(-,-) defined by relation W(x,y) -Q(x + y) -Q(x -y) is additive in both variables. Therefore the same is true for the functional B. A short computation shows that Q(x) = B(x,x) for all x £ X. Hence it remains to prove (2) .
THEOREM. Let A be a complex * -algebra with identity e and let X be a vector space which is also a unitary left A -module. Suppose there exists a mapping Q: X -> A with the properties

For this purpose we define a new functional S: Ax A-» A by S(a,b) = aB(x,y)b* -B(ax,by)
P.Semrl [2] where x and y are fixed vectors. From the fact that B is biadditive it follows that the functional 5 is also biadditive. Using Comparing (4) and (5) we see that S(ab, e) = aS(b, e) and 5(6, a) = 5(6, e)a* . Replacing 6 by e by using the relation 5(e, e) = 0 we complete the proof. | This result was proved in [4] and [8] under the stronger assumption that A is a Banach *-algebra (see also [6] and [7] ) using the fact that such algebras have enough invertible elements. It should be mentioned that in the proof of the present general result an idea similar to those of Davison [1] was used.
